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Conservation of mass:
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Lagrangian interpretation
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Conservation of Mass in Eulerian framework:
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We have a definition of spatial flux density (what div acts on)1.
Numerical formulation of many methods such as Discontinuous Galerkin method becomes much simpler2.

Having a full divergence is good because:

Another way to write conservation of mass
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In solid mechanics we assume incompressibility for plastic deformation 
(Poisson ratio = 0.5)
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